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Understanding Objects : An Action Semantics Approach

Kyung-Goo Doh'

ABSTRACT

This article uses action semantics to formally specify the meaning of objects and their related operations. The

action-semantics framework, compared to others, is able to not only express object-oriented computation steps more clearly,

but also provide a hint on how to implement them. As a showcase, an action semantics of a vanant of Abadi-Cardelli’s ¢
~calculus is defined. Then we use an example program to show how to derive the meaning.
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module: LambdaCalculus/Action Semantics.
includes: LambdaCalculus/Abstract Syntax,
LambdaCalculus/Semantic Functions,
LambdaCalculus/Semantic Entities.
endmodule: LambdaCalculus/Action Semantics.
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module: LambdaCalculus/Abstract Syntax.
grammar-:
(*) Expr = [[ “lam” "(" Iden ")” Expr 1]
| [{ Expr "(" Expr ")" 1]
| Iden.
(%) Iden = [[ letter (letter | digit)* 11.
endgrammar,
endmodule: LambdaCalculus/Abstract Syntax.
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module: LambdaCalculus/Semantic Functions.
needs: LambdaCalculus/Abstract Syntax,
LambdaCalculus/Semantic Entities.
introduces: evaluate _.
variables: I'lden; EE1E2:Expr;

(%) evaluate _Expr -> action[giving a value].
[01:] evaluate [[ "lam” "(" I ")" E ]] =
give closure abstraction of
(furthermore bind I to the given abstraction
hence evaluate E).
[02:] evaluate [[ E1 "(" E2 ")" 1] =
evaluate El1 then
enact application of the given abstraction
to closure abstraction of evaluate E2.
[03:] evaluate I = enact the abstraction bound to L

endmodule : LambdaCalculus/Semantic Functions.
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module: ExpCore/Semantic Entities.
includes: Data Notation.
endmodule: ExpCore/Semantic Entities.
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module: ObjectCalculus/Abstract Syntax.
includes: LambdaCalculus/Abstract Syntax
grammar:
() Expr =
[{ "[* Methods "1" 11 {4}
| [[ Expr " Label ]l {H=/M2E= 5%}
| [[ Expr ".” Label ":=" Expr 1] {(#=741}
| [[ Expr "." Label "<="
"sigma” "(" Iden ")" Expr 1] {®£&=741}
| Iden.
(*) Methods =
[[ Label "="
"sigma” "(" Iden ”)" Expr ]I {"l2=)
| {[ Label “=" Expr 11 {H=}
| {{ Methods ”,” Methods 1].
(*) Label = [[ letter+ ]I.
endgrammar.

endmodule : ObjectCalculus/Abstract Syntax.
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module: ObjectCalculus/Semantic Functions.
needs: ObjectCalculus/Abstract Syntax.
ObjectCalculus/Semantic Entities.
introduces: evaluate _, build an object with _.
variables: M,M1,M2:Methods; E,E1E2Expr;
L:Label; LIden;

(*) evaluate _Expr —> action.
{04:] evaluate {[ "[" M "I" 1] = build an object with M.
[05] evaluate ([ E“" L 1] =
evaluate E then
(give the given object at L
and
give the given object) then
((check (the given tag#l is field-tag)
and then
give the given abstraction#2)
or
(check (the given tag#l is method-tag)
and then
enact application of the given abstraction#2
to the given object#3)).
[06:] evaluate [[ E1 " L =" E2 1] =
(evaluate El and evaluate E2) then
give overlay
(the map of L to
(field-tag, the given abstraction#2),
the given object#1).
[07:] evaluate
{[ Et "7 L "<=" "sigma” "("1")" E2 1] =
evaluate E1 then
give overlay
(the map of L to
(method-tag,
the closure abstraction of
(furthermore bind 1 to the given object
hence evaluate E2)),
the given object).
[08:] evaluate I = give the object bound to I
or
enact the abstraction bound to L

(x) build an object with _:Methods -> action.
[09:] build an object with
[[L"=" "sigma” "(" 1" E]] =
give map of L to
(method-tag,
the closure abstraction of
(furthermore bind I to the given object
hence evaluate E)).
{10:] build an object with [[ L "=" E 1] =
evaluate E then
give map of L to (field-tag,
the given abstraction).
[11:] build an object with [[ M1 *” M2 1] =
(build an object with M1
and
build an object with M2) then
give the disjoint-union(the given map#l,
the given map#2).
endmodule : ObjectCalculus/Semantic Functions
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module : ObjectCalculus/Semantic Entities.
includes : Data Notation.
introduces : object, tag, bindable, label.
(*) object = mapllabel to (tag,bindable)).
(+) tag = field-tag | method-tag,
(*) bindable = abstraction | object.
(+) label = string.

endmodule : ObjectCalculus/Semantic Entities.
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ARolth 0& Yehle AAE BosH & EE
e 1 AAE /A 39E F 3k 0% dEhle
AAe &3 go| Aostm, o8 zeroF i Ak

zero = [case = lam(z)lam(s)z,
suce = sigma(x)x.case : = lam(z)lam(s)s(x)}

A7) case WEE AF7t 24 5 G AT
g, 2 58 AdF nol dsiA nol 0od A WA
A4S Y&, 1%A god F A AFE ng A
85> (predecessor)oll H-g3ch webs, AdF 14 2+
7zt g gol YAFHEH, olE 47 one two
g1 gt

one = zero.suce

= zero.case : = lam(z)lam(s)s(zero)

= [case = lam(z)lam(s)s(zero),

suce = sigma(x)x.case : = lam(z)lam(s)s(x)]

two = one.succ
one.case : = lam(z)lam(s)s(one)
[case = lam(z)lam(s)s(one),
suce = sigma(x)x.case : = lam(z)lam{s)s(x)]

it

evaluate "zero”
= evaluate
[[ fcase = lam(z)lam(s)z,
suce = sigma(x)x.case : = lam(z)lam(s)s(x)] 1]
=> [047]
build an object with
[[ case = lam(z)lam(s)z,
suce = sigma(x)x.case : = lam(z)lam(s)s(x) 1]
=> [11]
(build an object with {[ case = lam(z)lam(s)z ]
and
build an object with
[[ succ = sigma(x)x.case : = lam(z)lam(s)s(x) 1I)
then give the disjoint-union of
(the given map#l the given map#2).

714 case B9 oju] S Yolr A}
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pred(two) = two.case(zero}(lam(p)p)
= {lam(z)lam(s)s(one))(zero)(lam(p)p)
= (lam(p)p)(one)
= one
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build an object with [[ case = lam(z)lam(s)z ]}
=> [101]
evaluate [[ lam(z)lam(s)z ]} then
give the map of "case” to
(field-tag, the given abstraction)
=> {011
give closure abstraction of
(futhermore bind "z” to the given abstraction
hence
give closure abstraction of
(furthermore bind "s” to the given abstraction
hence enact the abstraction bound to "z"))
then give map of "case” to
(field-tag, the given abstraction)
=>
give map of "case” to
(field-tag,
closure abstraction of
(futhermore bind "z"
hence
give closure abstraction of
(furthermore bind "s” to the given abstraction
hence enact the abstraction bound to "z")))
= give map of "case” to (field-tag,Y1)

to the given abstraction

o] AME case =9 oju]E vehdr)

build an object with
[[ succ = sigma(x)x.case : = lam(z)lam(s)s(x) ]]
=> [09:]
give map of "succ” to
(method-tag,
closure abstraction of
(furthermore bind "x” to the given object
hence
evaluate [ x.case:= lam(z)lam(s)s(x) 1]
=> [06:]




"o

(evaluate "x’
and
evaluate [[ lam(z)lam(s)s(x) 1)
then
give overlay
(the map of "case” to
(field-tag, the given abstraction#2),
the given object#1)

o714
evaluate
=> [08]
give the object bound to "x”

e =1
evaluate [[ lam(z)lam(s)s(x) ]
=> [01']
give closure abstraction of
(furthermore bind "z” to the given abstraction

hence

give closure abstraction of

(furthermore bind “s” to the given abstraction
hence
(enact the abstraction bound to “s” then
enact application of the given abstractlon

to closure abstraction of
give the object bound to “x")))

'
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(enact the abstraction bound to "s” then
enact application of the given abstraction
to closure abstraction of
give the object bound to "x"))),
the object bound to "x"))
= give map of "succ” to (method-tag,Y?2)

o] JH L succ WMR=2) 9nE Lehdn,
of ¥ g AR 99 Ag A% WA v,

=>
give the disjoint-union
(map of "case” to (field-tag,Y1),
map of "succ” to (method-tag,Y2))
= give ZERO

°of ¥ AE T3 A9 4e AL HAH ny,

A9 HF Aol AHHE zero AAY ov|E e
det,

43 WA x| 8 XA oneel 2lo] MY
AAdg 12 zerosucc 2 WEO| U=, 1 ¢ng

S¥oz A ME hen g

=>
give overlay
(the map of "case” to
(field-tag,
closure abstraction of
(furthermore bind "z” to the given abstraction
hence
give closure abstraction of
(furthermore hind ”s” to the given abstraction
hence
(enact the abstraction bound to "s” then
enact application of the given abstraction
to closure abstraction of
give the object bound to "x"))))
object bound to "x")
=>
give map of "succ” to
(method-tag,
closure abstraction of
(furthermore bind “x”
hence give overlay
(the map of "case” to
closure abstraction of
(furthermore bind "z" to the given abstraction

to the given object

hence

give closure abstraction of

(furthermore bind "s” to the given abstraction
hence

evaluate [[ zero.succ 1]
=>[05:]
evaluate "zero” then
(give the given object at "succ”
and give the given object) then
((check (the given tag#l is field-tag) and then
give the given abstraction#2)
or
(check (the given tag#l is method-tag) and then
enact application of the given abstraction#2
to the given object#3))
=>
(give (method-tag,Y2) and give ZERO) then
({check (the given tag#l is field-tag) and then
give the given abstraction#2)
or
(check (the given tag#l is method-tag) and then
enact application of the given abstraction#2
to the given object#3))

=>

enact application of Y2 to ZERO
=>

(furthermore bind "x” to ZERO
hence

give overlay
(the map of "case” to
(field-tag,
closure abstraction of
(furthermore bind "z" to the given abstraction
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hence
give closure abstraction of
(furthermore
bind "s” to the given abstraction
hence
(enact the abstraction bound to "s” then
enact application of the given abstraction
to closure abstraction of
give the object bound to "x"))),
the object bound to "x"))
=>
give overlay
(the map of "case” to
(field-tag,
closure abstraction of
{(furthermore bind "z"” to the given abstraction
hence
give closure abstraction of
(furthermore bind "s” to the given abstraction
hence
(enact the abstraction bound to “s” then
enact application of the given abstraction
to closure abstraction of
give ZERQO))),
ZERO))
= give overlay
(the map of "case” to (field-tag,Y3),ZERO)
= give disjoint-union
(the map of "case” to (field-tag,Y3),

the map of “succ” to (method-tag,Y2))
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